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One of the most significant tools for expressing physical phenomena in the world around us is to express problems using differential equations
with partial derivatives. The result of these considerations has been the invention and application of various analytical and numerical methods
in solving this category of equations. In this work, we make use of a newly-developed technique called the generated exponential rational
function method to compute the exact solution of the Davey-Stewartson equation. According to all the conducted research studies so far,
results similar to those found in the present paper have not been published. The results attest to the efficiency of the proposed method. Th
method used in this paper has the ability to be implemented in other cases in solving equations with relative derivatives.
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1. Introduction This important system of equations has attracted the attention
of many researchers. For example, the line soliton [4], the
Many fields of physics benefit from the nonlinear partial dif- semi-inverse variational principle method (SIVPM), the im-
ferential equations (NPDEs) in a wide variety of applica-provedtan($/2)-expansion method (ITEM) along with the
tions to mechanics, electrostatics, quantum mechanics, angkneralized=’ /G-expansion method (GGM) [5], the G'/G
finance. In linear theory, solutions usually have represenmethod and the 1-soliton solution [6], the Galerkin methods
tation formulas and conform to the superposition principle.[7], the extended tanh-function method [8], the generalized
Despite some equations governing nature were recognized fudryashov method [9], the traveling wave solutions [10],
be linear since the 19th century, this advance was widely critthe first integral method [11], the solitary wave solution [12],
icized in the 20th century. Itis possible to observe NPDEs nothe dynamical system method [13], the traveling waves so-
only in non-Newtonian fluids, glaciology, rheology but also ution and the exponential function method [14], the inverse
in stochastic game theory, nonlinear elasticity, flow throughscattering transform method and the soliton solutions [15],
a porous medium, and image-processing. As a result, nthe self-similar solutions [16], the bilinear method [17, 18],
available superposition can be found for nonlinear equationshe single soliton and multi-soliton solutions [19], t6¢/G
therefore, there is a need for studying those equations. Ovegxpansion method [20], the generalizedh(¢/2) method
the last few years, a crucial number of new methods havand the He’s semi-inverse variational method [21], and the
been proposed to obtain exact solutions for NPDEs. Theifurcation method [22, 23]. Others popular techniques can
Davey-Stewartson equation (DSE) has been studied in martye found in Ref. [24, 43].

areas of research such as chemical engineering, nonlinear |, ref [44], Ghanbari and his collaborator developed an
mechanics, biology, and physics. To define the evolution of &icient methodology for obtaining exact solutions to NPDEs
three-dimensional wave packet in finite depth water, Daveygyhich is known as a generalized exponential rational func-
Stewartson (1&_974) had.presented the DSE in his researgyn method (GERFM). The authors applied the technique
study about fluid dynamics [1]. to solve the resonant nonlinear Satlinger equation (R-

In (2+1)-dimensions, the Davey-Stewartson equation i\ SE). It has been proven over time that the method en-
known as a solution equation that examines long and sholp|es us to be implemented in many different NPDEs arising
wave resonances and other wave propagation patterns. FgF mathematics, physics, and engineering [45-54]. The pro-
more details, we refer to the previous research works COMosed method reproduces many types of precise solutions,
ducted in Refs. [2-3]. The Davey-Stewartson theory is amng it is very useful for finding the exact solutions of the
NPDE for a complex field (wave-amplitudgpnd areal field  equation with relative ease. Recently, a new version of the
(mean flow)¢ which is described by the following nonlinear method for solving partial differential equations with local

coupled system fractional derivatives has been considered in Refs. [55, 56].
_ 1 ) In this paper, the GERFM is used to solve the Davey-
1t + 5 (qwo + 8ayy) + Ala]"q = ¢2q =0, (1)  stewartson equation. This paper consists of the follow-

) ) ing parts: In Sec. 2, we introduce the methodology of the
baw — 0"y — 2X (|Q| )T =0. (1.1)  GERFM. In Sec. 3, the results of using the method in deter-
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mining the solutions of the equation (according to the main 2. The crucial part of the new methodology comes from
achievement of this article) will be presented. Finally, the the fact that Eq/4.2) has the formal solution of
article ends with some concluding remarks.

m

() = Ao+ > ARE()F + ) BEE)F, (2.3)
k=1

k=1

2. Methodology of the GERFM where

B plefhf —I—pzquE
pSeQB£ + p4e‘I4€ ’

[1]

©) (2.4)

The technique is a very efficient method in solving partial dif-

ferential equations [44]. The basic steps of using this method
are listed below. The real (or complex) unknown constants are

Ag, A, B(1 < k < m), andpg,qi(1 < k < 4).
_ These coefficients are determined in such a way that
1. NPDE will be accepted as follows: Eq. (2.9 satisfies the nonlinear ODE of E®Z.P).

Also, it is essential to determine the positive integer m
by the principle of balancing.
2
]__<u($7t)’8u(x,t)’8u(x,t)’(") u(a’;’t)7,,,) =0. (2.1) 3. By adding all terms and inserting Eq2.8) into
Ox ot Ox Eq. 2.2), the left-hand side of Eq2(2) is converted
into the polynomial equatio®(Y7,Y>,Y3,Ys) = 0in

To abbreviate the NPDEs is the following ordinary terms ofY; = e%¢ for i = 1,...,4. With the help
differential equation (ODE), it will be used(§) = of symbolic calculation in Maple, we obtain a set of
u(z,t) and§ = kx — It. simultaneous algebraic equations fof, ¢, (1 < n <
4), andk,w, \, Ag, A1, By by eliminating each coeffi-
.7:(U, U/, U”, B ) — O, (22) cient of P.

4. Finally, exact solutions to Ec2(1) are derived through
solving the algebraic nonlinear system of equations in
| step 3.

3. Theresults
The first step is the traveling wave transformation of Agl)(by utilizing the following new variables
q=u(&)e”,  o=7(E)e”, (3.1)
and
E=ip(x+y—nt), 0 = ax + By + ~t. (3.2)

In addition, constants qf, n, «, and3 should be determined. Using the wave transformation of Eq. (3.1) and Eq. (1.1)
together withy = ad? + 344, the following system of nonlinear ODE is obtained [5]:

1 1 ,
5 (27 + 0%+ B20%) % — 5?67 (14 6%) 2" + P —ipwy’ =0, (3.3)
p (62 = 1) 7" —2ix (2% =o. (3.4)
Integrating Eq./8.4), we obtain
2i\
Y = ED) /02/2d§. (3.5)

Substituting Eq.3.5) in Eq. (3.3 will turn into the following nonlinear differential equation:

%,ﬁ# (*—1) 2" + % (62 =1) 2y + 28>+ 326" ) — N (1+ ) %* =0, (3.6)
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where primes denote the derivatives with respec.t®y balancing terms 0% and%? in Eq. 3.6) using homogenous
principle yields3m = m + 2, som = 1. Accordingly, the solution of Ecd(1) is expressed as follows:
B

E(8)

By following the described methodologies in section 2, we obtain several non-trivial solutidhd)of (
Family 1: We attain the results fgr = [1,1, —1, 1] andgq = [1, —1, 1, —1], which gives

_cosh (§)

(€)= b (6) (3.8)

(&) = Ao+ A1E(6) + (3.7)

(1]

Case 1:

i\/a264 + (24120 — 02 +27) 82+ 24,2\ — 2
b= 6262 — 1 ’

6:6a Y= Aozov A1:A1) Bl:0

a=aq,

Va4
s/ 1

We have replaced the above values with E8sZ)(and 3.8) together with8.5)

_ Ajcosh(§)

“(&) = sinh (§) '

24\ A2 (€ — coth
) - 2O con©)

Hence, the following exact solution was reached for Eq. (1.1):

A cosh '
q1 (xv ya t) = ( ;mh [é—][g]) el(O&ﬂ?-‘-,@y—i—’yt)’

(3.9)

. 2
o (ap.t) = (FRE LG penriren (3.10)

Case 2:

i\/a254 +(8A12A— a2 +27) 82+ 8 A, %A — 21
a=q, 8= )

0202 —1
VA
= —, 0=, =", Ag =0, Ap = A;, By = A;.
1 5\/ﬁ v v 0 1 1 1 1
We have replaced the above values with E8sZ)(and 3.8) together with(8.5)

(2 [cosh (€)]2 — 1) A
cosh (¢)sinh (§)

%2(5) =

PNEL A2 (45 cosh [€] sinh [€] — 2 [cosh {€}] + 1)
2(8) = cosh (&) sinh (&) p (62 — 1) '

Hence, the following exact solution has been reached for Eq. (1.1):

2
g t) = ( {2 {cosh (§)}" — 1} A1> gilostBy+t)

(3.11)

cosh [¢] sinh [¢]

(3.12)

2iN A2 [45 cosh (£) sinh (§) — 2 {cosh (5)}2 + 1] i(az+By-+t)
_ i(az+Ly+vy
¢2 (,y,t) = cosh [{]sinh [¢] 1 [02 — 1] ’ '

Rev. Mex. Fis67 060702
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FIGURE 1. Dynamic behaviours modulus of solutiops(z, y, t) (left) and¢s (z, y, t) (right) foré = 1.05,7v = 1.3,a = 8 = 0.5, = 1.5,
andt = 1.

Case 3:
i/2v/2+/ 3204 + 262 + 2
= b = b = b 5 - 5? = b A = 07
« « /B ﬂ M 5m Y Y 0
—iV2V6E — 1,/B20% + 0252 + 2
A =0, B = )
V(262 +2)

We have replaced the above values with EBs/)(and 3.8) together with8.5)
—i/2v/2V/8% —1,/325% + o262 + 2 ysinh (€)
V(62 + 1) cosh (€)

—1 (64 — 1) (ﬂ264 + a26? + 27) (& — tanh (£)) (3.13)
(62 —1) (62 +1)° ' '

)

Us3(§) =

V5(8) =

Hence, the following exact solution has been reached forEt): (

[ —i/2v2V6% — 14/ 320% + o262 + 2y sinh (€) i(ox+By+t)
g3 (z,y,t) = ( \/X[(S?—i—l]cosh[f] >e o

—i [6* — 1] [826* + 0262 + 27] [¢ — tanh ()] silaw+Bytat) (3.19)
p[62 = 1) (62 + 1)° ' '

¢3 (»”U,y,t) = (

Figure 1 shows the dynamic behavior of modulus of solutipnge, v, t) (left) and ¢3 (z,y,t) for 6 = 1.05,y = 1.3,
a=0=0.5X =15 andt = 1.
Family 2: We attain the results fqr = [¢, —i, 1, 1] andq = [i, —i, ¢, —i], and thus one gets

= sin (&)
2@ =-, GE (3.15)

Case 1:

i\Ja20t + (—8 42X — a2 +27) 02 — 8 4,%A — 2
Oé—Oé, ﬁ_ (SQM I

6 =4, Y= Ay =0, A = Ay, By =—-A.

Rev. Mex. Fis67 060702
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We have replaced the above values with E@si)(@and B.€) together with/8.5)

(2 [cos (€)]* — 1) Ay

TR
20N A2 (—2 [cos {¢€}]* — 4 € cos [¢] sin [¢] + 1)
)= (67— T)sin () cos (€ | (510
Hence, the following exact solution has been reached forEf): (
B [2 {cos ()} — 1] A\
44 (LL', Y, t) - sin (é—) cos (5) € )
20\ A [—2 {cos (£)}* — 4 cos (€)sin (€) + 1] '
— i(oz+B )
b4 (x,y,t) = ( TP e (6 s gilawtBy+at) (3.17)
Case 2:
i\/a254 + (AB1*A— a2 +27) 82 + 4 B2\ — 2
a = q, /6 = (52\/(52——1 3
MZN%y d=29, Y= Ap =0, Ay = By, By = By.
We have replaced the above values with E8s/)(and 3.8) together with/8.5)
By
Y0 = O eos(e)”
20\ By (—2 [cos (£)) + 1)
V5(8) = (3.18)

p (0% — 1) sin (§) cos (£)

Hence, the following exact solution has been reached forEf): (

1000 &y

500

FIGURE 2. Dynamic behaviours modulus of solutions (z,y,t) (left) and ¢s (z,y,t) (right) for By = 1,6 = 8.5,y = 2.01,
a=4.25X=0.92 andt = 1.

Rev. Mex. Fis67 060702
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I Bl i(az+B1 )
)= (=g )

2iABy? =2 {eos () +1]) t
b5 (a:,y,t)z( 7 50 (&) cos @ eilaztBy+t), (3.19)

Figure 2 shows the dynamic behavior of modulus of solutignér, y,t) (left) and ¢s (z,y,t) for By = 1,§ = 8.5,
v =201, =4.25 X\ = 0.92, andt = 1.
Case 3:
iJ0204 + (=2 B1°A — 02 + 27) 62 = 2B %A — 24
a = a? ﬁ = )
02 — 162
o= 631\/524, §=6, ~v=~, Ay=0, A =0, B, =B.
We have replaced the above values with E@sZ)(and 3.8) together with8.5)
By cos (€)
4 ="
6(§) Sn(©)
2\ By ® (= cot (§) — §)
v = . 2

Hence, the following exact solution has been reached for equdtiti (
_ B; cos (5) i(az+Ly+t)
de ($7y7t) - ( sm(ﬁ) € )
~ (20ABy [=cot (&) = €]\ i(awtsyian
b6 (7,y,t) = ( ] e . (3.21)
Family 3: We attainp = [1,1, —1, 1] andg = [2, 0, 2, 0], which gives

— 2 +1

Case 1:

)

i\/a254 +(8A 2N — a2 +27) 62 + 84,2\ — 2
a=a, B=
52— 162

A
,U,:\/X(Sl\/(sg—l, (S:(S, Y=, AOZO, 141:/117 Blel.

We have replaced the above values with Esi)(and 3.8) together with(8.5)

24, (e*¢ +1
nle) - 2,

X (—4+4¢ et —1]) 442
V() = 2 Eb(aj—f)[(eu_lﬂ)) . (3.23)

Hence, the following exact solution has been reached forEg). (

2A1 €4E+1 ilax
q7(w,y,t)=<e4[f_1 1) e o,

29\ |—4+4 46 _11] A2\
o7 (z,y,t) = ( : Eﬁ [5:—_ i{[;g — 1]}] 1) gtloztBy+t) (3.24)

Rev. Mex. Fis67 060702
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FIGURE 3.Dynamic behaviours modulus of solutiogs(z,y, t) (left) and¢s (z,y,t) (right) for A1 = 1,6 = 1.01,7 = 2.3,a = 0.2,

A= 0.5, andt = 1.

Case 2:

i/0260 + (4 4:2) — 02 +27) 62 — 4 4:°) — 2

AA
M;{_lwa 0=, Y= Ay =0, A = Ay, By =—-A;.

We have replaced the above values with E@sZ)(and 3.8) together with8.5)

4e2€A
Us(§) = e‘lefi—i’
—8iNA;?
Vs(€) L

BTNCEESICE)

Hence, the following exact solution has been reached forEt): (

462€A1 : +
_ i(ax+By+~t
qg(x,y,t)—(e4£_1>e( )
—8iNA,? ,
1) = i(az+By+7t)
e (u [62—1}[&5—11)6

(3.25)

(3.26)

Figure 3 shows the dynamic behavior of modulus of solutigng:, y,t) (left) and¢s (x,y,t) for Ay = 1,6 = 1.01,y =

2.3, =02,A=0.5,andt = 1.
Family 4: We attain the results fgr = [—1,3,1, —1] andq = [2,0, 2, 0]. So, it reads

—e?8 +3
()= e

(1]

Case 1:

i0204 + (24:°0 — 02 +27) 02 + 242N — 24

a=mh= 5% — 152 ’
ANA
/,L:\(s/2>11§’ 525) Y= AO:2A17 A1:A17 BIZO

Rev. Mex. Fis67 060702
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We have replaced the above values with E@si)(and (3.8) together with(8.5)

Ay (e +1
wp(e) = 2D,

20X (—442¢[e2 - 1]) 47
o p (21 (2et-2)

V9(8)

Hence, the following exact solution has been reached for equdtith (

Al 625—1_1 i(ax
%(x,y,t):( 6[25_1] ellortfuiat),

C(2ix [—4+26 {28 —1}] A2
¢9<x’y’t)_< 1 02 — 1] [202€ — 9]

) eilaz+By+7t)

Case 2:
1\/5\/2 0204 + (A’A — 202 +47) 62 + Ag?A — 47
am® B 2V/62 — 142 ’
A()\A
= 5=, =", Ay = Ay, A =0, By =3/2 A.
H 26m v Y 0 0 1 1 / 0
We have replaced the above values with EBsZ)(and 3.8) together with(8.5)
Ao (26 +3)
w S LA
10(§) SYSTr
2iXAg? (124 2¢ [e2€ -3
Profe) = 2240 = —3)

p (02 — 1) (8e2€ —24)
Hence, the following exact solution has been reached for equdtith (

_AO [625 + 3]

dio ($7y7t) = ( 26256> ei(fm+ﬁy+7t)7

C(2ix A% [—12 426 {e2€ - 3]
d10 (z,y,t) = ( w02 — 1] [8e2& — 24]

Family 5: We attain the results fgr = [—1, 1,1, 1] andq = [1, —1, 1, —1], which gives

— o sinh(§)
2(6) = cosh (&)’
Case 1:
iy/0269 + (—4 AN — 02 + 29) 82 — 442N - 29
a =, /8 = 9
02 — 162
VA,
=, 6 =0, =7, Ay =0, A1 = Aq, By = —A;.
14 ma Y Y 0 1 1 1 1
We have replaced the above values with E@si)(and 3.8) together with(8.5)
Ay
“nle) = cosh (¢) sinh (£)’
2i\ A2 (—2 [cosh (£)]% + 1)
Y1(6) =

p (62 — 1) cosh (§) sinh (§)

Rev. Mex. Fis67 060702
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FIGURE 4. Dynamic behaviours modulus of solutiogs; (z,y,t) (left) and ¢11 (z,y,¢) (right) for A, = 1,6 = 1.01,7 = 2.3,
a=0.2,A=0.5,andt = 1.

Hence, the following exact solution has been reached forE#g).

_ A i(ax+By+t)
qi11 (l‘,y,t)— <COSh(§)Sinh(£)>e 3

2i\ A2 [—2 {cosh (£)}% + 1}

i(az+S )
41 [0% — 1] cosh (€)sinh (€) | © ., (3.34)

¢11 (I,y,t) =

Figure 4 shows the dynamic behavior of modulus of solutipagz, y, t) (left) and¢;; (x,y,t) for Ay = 1,5 = 1.01,y =
2.3, =02,A=0.5,andt = 1.

Family 6: We attain the results fgr = [—-1 — 4,1 — 4, —1, 1] andq = [¢, —i, ¢, —i], and one obtains
- cos (§) + sin (£)
2(€) = ) 3.35
(©) Y0 (3:35)
Case 1:
i\/a254 + (=2 402A — 02 +27) 62 — 2 Ag?A — 2
o = Q, 6 = 9
§% — 142
AgVA
=222 5=, =~,  Ay=Ay, A1 =0, B;=-2A,.
52— 15 Y= 0 0 1 1 0

We have replaced the above values with EBsZ)(and 3.8) together with8.5)

_ Ao (=sin (§) + cos (§))
“2(§) = cos (§) +sin(¢)

20X A¢® (€ tan (€) + € +2)
TS e @ ©59

Hence, the following exact solution has been reached forE#g).
Ag [—si ;
Q2 (z,y,t) = ( o [—sin () + cos (5)]) ellaatBy+at)

cos (€) +sin (€)

o -2 Z)‘ "402 [f tan ('g) + f + 2] i(az+ﬁy+'yt)
P12 (2,y,1) = ( 11 [6% — 1] [tan (€) + 1] ¢ : (3.37)
Family 7: We obtainp = [-2 —i,2 — i, —1, 1] andgq = [i, —4, 7, —i], and thus one attains
cos (§) + 2 sin (§)

sin(6)

() = (3.38)

Rev. Mex. Fis67 060702
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Case 1:
i/2V2)/2025% + (—Ag*A — 202 + 47) 82 — Ag*A— 4
a:a’ ﬁ: b
02 — 142
AgV/X
=1/2 —, 6=, =", Ay = Ap, A =0, By = —-5/2 A,.
1 / ; y=r 0 0 1 1 /2 Ao

We have replaced the above values with E@si)(and (3.8) together with(8.5)
, _ Ao (=sin(£) 42 cos (§))
%13(8) = 2 cos (§) + 4 sin (&)

20X Ap? (4€ tan (€) +2€ +5)
713(8) = 1 (62 —1) (8416 tan (€)) (3.39)

)

Hence, the following exact solution has been reached for equdtith (
~ (Ao[=sin(§) +2cos ()] iaztpy+rt)
03 (7, 9,1) = ( 2 cos (§) + 4 sin (€) € ’
/ (20X Ag® [A€ tan () + 26+ 5]\ antpyian)
d)lS (‘Evyat) - ( 1 [(52 _ 1] [8 + 16 tan (é—)] € . (340)

Family 8: We attain the results for = [1 — i, —1 — 4, —1, 1] andq = [i, —i, ¢, —i], and thus we obtain

- —sin (§) + cos (§)
= (6) = . 41
©) sin (&) 341
Case 1:
i\ 0204 + (2 40X — 02 + 29) 62 - 24\ — 24
a = «, = )
0% — 162
:M 5 =19, v =7, Ay = Ao, A =0, By =2 A,.

We have replaced the above values with E8sZ)(and 3.8) together with8.5)
_ 2 Agsin (§) cos (&) + Ao
2 (cos (£))* — 1

20X Ag® (tan () — € +2)
T8 = T ) (6 - D) (342

)

U14(8)

Hence, the following exact solution has been reached forE#g).

e

—2i\ An? _ .
e

Family 9: We attain the results fpr= [-3, —1,1,1] andg = [1, —1, 1, —1], and thus we have

_ —sinh (£) — 2 cosh (§)
= = . 3.44
© e (3.44)
Case 1.
z'\/ﬁ\/z 0254 + (AgA — 202 +47) 62 + Ag?A — 44
a=a  f= 2102 — 162 ’
AoV A
0V 0 =0, Y= Ag = Ag, Ay =0, By =3/2 Ao.

SaEN
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We have replaced the above values with E8sZ)(and 3.8) together with8.5)

A (2 sinh (€) + cosh (€))
%15(§) = Z cosh (&) + 2 sinh (¢) ’

y ¢y — 20\ (4cosh (€) In (cosh (§) — 1 +sinh (€)) + 2sinh (€) In (cosh (§) — 1 + sinh (£))) Ao®
15(8) = p (62 — 1) (16 cosh (€) + 8sinh (£))

n 2iA (=4 cosh (€) In (cosh (§) — 1 —sinh (€)) — 2sinh (§) In (cosh (§) — 1 — sinh (§)) — 3sinh (£)) A02.

1 (62 — 1) (16 cosh (€) + 8sinh (£))
Hence, the following exact solution has been reached forEd). (

_ A [2 sinh (6) + cosh (5)] i(ax+0 t)
5 (@, 9,1) = ( 4 cosh (£) + 2 sinh (¢) > ghamri,

¢15 (ma Y, t) = 715(§)ei(a$+5y+7t)'

Family 10: We attain the results fgr = [-2 — 4, -2 + ¢, 1, 1] andq = [¢, —i, i, —i], and thus one has

sin (§) — 2 cos (5)

=0 ="
Case 1:
iﬂ\/2a254 +(—Ap®A— 202 +47) 62 — A’ A — 47
e=a b= 2/0? — 162 ’
Ao\
= 0 =9, =7, Ag = Ao, A =0, B =5/2A,.
1 2@6 v v 0 0 1 1 / 0

We have replaced the above values with E8si)(and 3.8) together with8.5)

~ Ag(cos (&) +2sin(€))
Ui6(§) = g sin (€) — 4 cos (€)

—2iX Ap? (€ tan (€) — 26 +5)
p(02—1)(4tan(§) —8)

Hence, the following exact solution has been reached forEf). (

V16(§) =

11

(3.45)

(3.46)

(3.47)

(3.48)

FIGURE 5. Dynamic behaviours modulus of solutiogs; (z,y, t) (left) and¢ie (z,y,t) (right) for Ag = 1,6 = 1.1,7 = 0.8, = 0.9,

A =0.2,andt = 1.
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16 (2, 9,1) <A0 [cos (§) + 2 sin (f)]) eila+By+yt)

2 sin (§) — 4 cos (€)

—2iX Ap® [€ ¢ —26+5]\ am
P1o (w’y’t):( ;[520_[% [Zntafl)(s) S ]>e( . (3.49)

Figure 5 shows the dynamic behavior of modulus of solutigRd(z,y,t) (left) and ¢16 (x,y,t) for Ag = 1,5 = 1.1,
v=08,a=09,A=02,andt = 1.
Family 11: We attain the results fgr = [1 — 4,1+ 4,1, 1] andq = [i, —i, 4, —i], and then one results

— o cos (£) + sin (§)
E@O = GR (3.50)
Case 1:
i\/a254 +(—2412A— a2 +279) 62 —24,%X — 24
ase 0= 52— 152 ’
VA
M:P——llf 6 =4, Y=, Ag = —Aq, A = Ay, By =0,
We have replaced the above values with E8si)(and B.8) together with8.5)
o A1 sin (g)
U17(§) = cos (€)
20\ A? (tan (€) — &)

Hence, the following exact solution was reached for Efl)(

q17 (l',y,t) = <141Ln(£)> ei(az+[3y+7t)’

cos (€)
¢17 (:L‘, y, t) _ <2 i\ Ij; [[;Qan_(i]) — €] ) ei(az+ﬂy+'yt). (352)

Figure 6 shows the dynamic behavior of modulus of solutigngx,y,t) (left) and ¢17 (z,y,t) for A; = 1,§ = 1.5,
v =0.5,a=0.1, A =0.2,andt = 1.

FIGURE 6. Dynamic behaviours modulus of solutiong? (z,y,t) (left) and ¢17 (z,y,t) (right) for A;
v=0.5a=0.1,A=0.2 andt = 1.
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FIGURE 7. Dynamic behaviours modulus of solutiogs (z,y,t) (left) and¢is (z,y,t) (right) for Ao = 1,6 = 5,7v = 0.1,a = 1.5,
A =0.3,andt = 1.

Family 12:
We attain the results for = [-3,—2,1, 1] andgq = [0, 1, 0, 1], and we get
_ —3—2¢t
=€) = T (3.53)
Case 1:
i/5\/25 254 + (2 492X — 2502 + 507) 62 + 2 Ag2A — 50y
“T. N 57— 10 ’
2AO\/X 12 A(]
= 4 =4, =7, Ag = Ay, A; =0, B = ,
K 532 — 16 Y= 0 0 1 1 5
We have replaced the above values with E8s/)(and 3.8) together with/8.5)
AO (2 e5 — 3)
% =2 -
18() 15+ 10
2iXAg? (268 +36+12
Y 18(8) = o ) (3.54)

p (62 —1) (75 4+ 50€f)

Hence, the following exact solution has been reached for equdtith (

AQ 266 -3 ilax
q18 (x7y7t) = <_ 15[+ 1065] > € ( +,3y+’yt)’

200 Ao” 265 +3E4+12]\ i aimyion
18 (z,y,t) = < P71 51 504 e . (3.55)

Figure 7 shows the dynamic behavior of modulus of solutigesz, v, t) (left) and¢ss (x,y,t) for Ag = 1,6 = 5,y = 0.1,
a=1.5X=0.3,andt = 1.
Family 13:

We attain the results fgr = [—1, —2,1, 1] andq = [1, 0, 1, 0], and one finds

—e¢ -2

m . (3-56)

2() =

Rev. Mex. Fis67 060702
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Case 1:

i\/9a254 + (2A40°X — 9a2 +187) 62 + 2 Ag° X — 18
ﬁ:

am. 3Va% _ 162 ’
240V
= 5=, =7, Ay = Ay, A =0, By =4/3 A,.
H 3\/527—16 v v 0 0 1 1 / 0
We have replaced the above values with E@si)(and (3.8) together with(8.5)
Ap (ef —2)
4 =-__~
19(6) 3et +6
2iXNAg? (€ef +2£6+38
Profe) = 2240 ) (3.57)

(02 —1)(9ef +18)

Hence, the following exact solution has been reached for equdtit (

Ap [e* —2 .
d19 ({I?, Y, t) = <_3(EE—|-6]> ez(‘m‘f‘ﬁyﬁ"ﬁ)7

20X Ag® [€ef +2£ + 8]
1 [02 —1][9e€ + 18]

¢19 (Z‘, Y, t) = < ) ei(am—i-ﬂy-‘r’yt). (358)

Family 14: We attain the results fgr = [2,1, 1, 1] andg = [1, 0, 1, 0], and then we obtain

_ 2et 41
E@ =g T (3.59)
Case 1:
i\/9a2(54 +(240°) — 902 +187) 62 + 2 g2\ — 18
b 3v/62 — 142 ’
240V
= 5=, =7, Ay = Ay, A =0, B = —4/3 Aqg.
M 3m5 Y v 0 0 1 1 / 0
We have replaced the above values with E8si)(and 3.8) together with8.5)
Ap (2¢5 —1)
4 =——7
20(5) 6 ot +3 )
20N Ag® (2€ef + £ +14)
v = . 3.60
Hence, the following exact solution has been reached for equdtith (
AO [2 ef — 1] i(az+Ly+t)
a0 (z,y,t) = <6e5+3 e )
2iMAg” [2€eS +€+4] )
1) = i(az+By+7t) 3.61
¢20($,y7 ) < ILL[(52—1} [18€f+9] e ( )
Family 15: We attain the results fgr = [—1,0, 1, 1] andg = [0, 0, 1, 0], and then we find
()= - (3.62)
T 14t '
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FIGURE 8. Dynamic behaviours modulus of solutiogs, (z,y,t) (left) and¢21 (x,y,t) (right) for Ap = 1,6 = 2,7 = 0.9,8 = 0.5,
A =0.7,andt = 1.

Case 1:
i\/6266 — B20% + (2 402N +27) 62 + 2 42X — 2
a= . B=5,
52 —16
240V A
= 20V 2 0 5=y, =, Ay=Ay, A =24, B =0.
19 6m Y Y 0 0 1 0 1
We have replaced the above values with E8sZ)(and 3.8) together with/8.5)
AQ (e£ - 1)
Un() = —
2iX Ag® (Eef +E+4
Vale) = 22 (£ HE4Y) (3.69

(02 =1)(1+ef)
Hence, the following exact solution has been reached for equdtit) (
AO [GE — ].]

: ) eilaatBytat)
1+e

q21 (w,y,t) = <

B 20X Ao® [€ef + € +4] (ot Bytnt)
¢21($,y,t)—< /1,[(52—1][14—65] )6 +By+y . (364)

Figure 8 shows the dynamic behavior of modulus of solutigngz, y,t) (left) and ¢o1 (z,y,t) for Ag = 1,6 = 2,y =
0.9,8=0.5,\= 0.7, andt = 1.

Remark 1 In each of the above cases, we tgke iy (z 4+ y — (ad® + 56%) t).

4. Conclusion

Partial differential equations have many applications in modeling practical problems in our lives. This importance has created
additional motivation for researchers to develop new and efficient methods. Some of these techniques enable us to achiev
exact solutions to such problems. However, determining such solutions is impossible or very difficult for some categories of

equations. The method used in this paper, called the GERFM, is a powerful technique to determine the exact solutions to
different types of PDEs. In this survey, the method has been utilized to solve the Davey-Stewartson equation. It was shown
that the method is a suitable technique to solve the Davey-Stewartson equation with this study. The results are quite reliable
for solving this problem. Further, we believe that the presented methods and results in this paper are valuable to all researcher
in the field of mathematical physics. Therefore, GERFM offers an excellent opportunity for future research studies on related

topics of the research. This emphasizes the power of the method used in providing exact solutions to various real-world appliec
models.
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